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Factoring ideals in Prüfer domains. (English summary)
J. Pure Appl. Algebra211(2007),no. 1,1–13.

Let R be a Pr̈ufer domain, and letIv denote the divisorial closure of an idealI of R. The authors
say thatR has the strong factorization property if, for each nonzero idealI of R, we have (1)I =
IvM1 · · ·Mn, whereM1, . . . ,Mn are the (distinct) nondivisorial maximal ideals ofR containing
I for which IRM is also nondivisorial, and (2) this factorization is unique in the sense that no
Mi can be omitted. The Prüfer domainR is said to have the weak factorization property if each
nonzero idealI of R can be written asI = IvM1 · · ·Mn, whereM1, . . . ,Mn are (not necessarily
distinct) maximal ideals. Among the many results on these factorization properties, it is shown
that a Pr̈ufer domainR has the strong factorization property if and only ifR is h-local if and only
if for each nonzero idealI of R, I is divisorial if and only ifIRM is divisorial for each maximal
ideal M of R. It is shown that a Pr̈ufer domain of finite character with the weak factorization
property ish-local. Several further properties are given of Prüfer domains which satisfy either
of these factorization properties, including behavior of factorizations ofII−1, IJ , I ∩ J , I + J ,
rad(I) in terms of factorizations ofI andJ . Several interesting examples are also given.
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6. M. Fontana, J. Huckaba, I. Papick, Prüfer Domains, Marcel Dekker Inc., New York, 1997.
MR1413297 (98d:13021)
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