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1. A =
{

(x, y) ∈ R2 : 0 ≤ x ≤ 1, 0 ≤ y ≤ x2
}

.

Dato che A è un insieme normale applicando il teorema di Fubini si ottiene che∫
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L’integrale si poteva calcolare anche integrando prima in x e poi in y:

B =
{
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}
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3. C =
{

(x, y) ∈ R2 : 0 ≤ x ≤
√
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4. Sia D =
{

(x, y) ∈ R2 :
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}
.

Chiaramente Area(D) = 4Area(D̃) dove D̃ = D ∩ {(x, y) : x ≥ 0, y ≥ 0 }.

Area(D̃) =
∫
D̃

1 dxdy =
∫ a

0

dx

∫ b
√

1− x2
a2

b(1− xa )
dy 1 =

∫ a

0

dx b

√
1− x2

a2
− b(1− x

a
) =

2



=
∫ a

0

dx b

√
1− x2

a2
− ab− b

2a
x2
∣∣∣a
0

= −1
2
ab+

∫ a

0

dx b

√
1− x2

a2

x=a sin t=

= −1
2
ab+ ab

∫ π
2

0

√
1− sin2 t cos t dt = −1

2
ab+ ab

∫ π
2

0

cos2 t dt = −1
2
ab+

π

4
ab

Quindi Area(D) = 4Area(D̃) = πab− 2ab = (π − 2)ab

5. E =
{

(x, y, z) ∈ R3 : log 2 ≤ x ≤ log 5, 0 ≤ y ≤ x, 0 ≤ z ≤ x+ y
}

.
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6. Sia F =
{

(x, y, z) ∈ R3 : 0 ≤ x ≤ 1, 0 ≤ y ≤ 1, x2 + y2 ≤ z ≤ 1
}

.
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Notiamo che F =
{

(x, y, z) ∈ R3 : (x, y) ∈ F̃ , x2 + y2 ≤ z ≤ 1
}

dove F̃ = {(x, y) : x2+

y2 ≤ 1, x, y ≥ 0} quindi per il teorema di Fubini∫
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7. G =
{

(x, y, z) ∈ R3 : 0 ≤ x ≤ 1, x5y ≤ z ≤ x5y ex
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}
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8. H =
{

(x, y, z) ∈ R3 : 1 ≤ y ≤ 2, 0 ≤ x ≤ arctan(yz), 0 ≤ yz ≤ 1
}

.
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}
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